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Moseley-Proudfoot-Young conjecture

On last Christmas'Eve I've done a post-review for MathSciNet of

Proudfoot, Ramos, Stability phenomena for resonance
arrangements.

documenting myself, | discovered the article

Matherne, Miyata, Proudfoot, Ramos Equivariant log concavity and
representation stability

in which they report a conjecture of

Moseley, Proudfoot, Young The Orlik-Terao algebra and the
cohomology of configuration space
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Moseley-Proudfoot-Young conjecture

Definition (M,)

Is the algebra Q[x; j]i; with
relations

L Xij+ %,
2. Zj;éixij forall i = 1,...,”

3 XiXj kX kXk,i + Xk, iXij

Roberto Pagaria



Moseley-Proudfoot-Young conjecture

Definition (M,) Definition (D,)
Is the algebra Q[x; j]i; with Is the algebra Q[x; ]i; with
relations relations

Lo Xij+ X,i Lo Xij+ X,i

2. Y ixgforalli=1,...0n 2. 30, x;foralli=1,...,n

30 XXk XXk XXt 3 (X 4 Xk 4 xki)?
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Moseley-Proudfoot-Young conjecture

Definition (M,) Definition (D,)
Is the algebra Q[x; j]i; with Is the algebra Q[x; ]i; with
relations relations

Lo Xij+ X,i Lo Xij+ X,i

2. Z#,-x,-d- foralli=1,....,n 2. Z#,-x,-,j foralli=1,...,n
3. XXk + XXk + XiiXig 3 (xij 4 Xjk + Xki)?
with the natural action of S,:

o (Xij) = Xo(i),0())
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Moseley-Proudfoot-Young conjecture

Definition (M,) Definition (D,)
Is the algebra Q[x; j]i; with Is the algebra Q[x; ]i; with
relations relations
Lo Xij+ Xji Lo xij+ Xji
2. Z#,-x,-d- foralli=1,....,n 2. Z#,-x,-,j foralli=1,...,n
30 Xi Xk XjkXk,i T XiiXij 3 (Xij + Xk + Xki)?

with the natural action of S,:

o (Xij) = Xo(i),0())

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of graded S,-representations
M,, 25[1 Dn.
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Moseley-Proudfoot-Young conjecture

Let SU, be the special unitary group

suzz{(g ;ﬂ)uarurmz:l}:ﬁ
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Moseley-Proudfoot-Young conjecture _

Let SU, be the special unitary group

suzz{(g ;ﬂ)uarurmz:l}:ﬁ

Let Conf,(X) be the ordered configuration space of n points in X
Confp(X) = {(p1,-..,pn) € X" | pi # pj}.
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Moseley-Proudfoot-Young conjecture _

Let SU, be the special unitary group

ste={(5 7 ) llaP =1} =5

Let Conf,(X) be the ordered configuration space of n points in X
Confp(X) = {(p1,-..,pn) € X" | pi # pj}.

Proposition

The algebra D, is the cohomology of Conf,(SU,)/SU.
D, ~ H?*(Conf,(SU,)/SUs; Q)

where SU; acts freely by group multiplication.
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Moseley-Proudfoot-Young conjecture _

Let SU, be the special unitary group

suzz{(g f)uar%rmz:l}:ﬁ

Let Conf,(X) be the ordered configuration space of n points in X
Confp(X) = {(p1,-..,pn) € X" | pi # pj}.

Proposition

The algebra D, is the cohomology of Conf,(SU,)/SU.
D, ~ H?*(Conf,(SU,)/SUs; Q)

where SU; acts freely by group multiplication.

D! is the Whitehouse representation, the top grade D2 is
» the multilinear part of the free Lie algebra Lie, 1,
» the homology of nonmodular partitions,
» the homology of homeomorphically irreducible trees...

TR



Moseley-Proudfoot-Young conjecture

Let T2 = (C*)? be an algebraic torus. Consider
TG 5 71 50

Xjj > Z,'ZJ-_1
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Moseley-Proudfoot-Young conjecture

Let T2 = (C*)? be an algebraic torus. Consider

0Tk 76 5 71 L0
Xjj > z,-zj_1
and define the hypertoric variety

Xo = TC&) o T
with the natural action of 7771,
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Moseley-Proudfoot-Young conjecture _

Let T2 = (C*)? be an algebraic torus. Consider

0Tk 76 5 71 L0

Xjj > z,-zJ-_1
and define the hypertoric variety
Xo = TC&) o T
with the natural action of 771,
Theorem (Braden Proudfoot '09)
There exists an S,-isomorphism of graded ring
M, ~ IH* (X,; Q).
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Moseley-Proudfoot-Young conjecture

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of graded S,-representations
M,, ~s, D,,.
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Moseley-Proudfoot-Young conjecture

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of graded S,-representations
M,, ~s, D,,.

» M, and D, has the same Poincaré polynomial []{_3(1 + kt)
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Moseley-Proudfoot-Young conjecture _

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of graded S,-representations
M,, ~s, D,,.

» M, and D, has the same Poincaré polynomial []{_3(1 + kt)
» M, = D, for n < 10 using SageMath (MPY '16)

Roberto Pagaria



Moseley-Proudfoot-Young conjecture _

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of graded S,-representations
M,, ~s, D,,.

» M, and D, has the same Poincaré polynomial []{_3(1 + kt)
» M, = D, for n < 10 using SageMath (MPY '16)

» M, = D, for n < 22 using SageMath (Matherne, Miyata,
Proudfoot, Ramos '21)
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Moseley-Proudfoot-Young conjecture _

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of graded S,-representations
M,, ~s, D,,.

» M, and D, has the same Poincaré polynomial []{_3(1 + kt)
» M, = D, for n < 10 using SageMath (MPY '16)

» M, = D, for n < 22 using SageMath (Matherne, Miyata,
Proudfoot, Ramos '21)

» M! = D! is true for i < 7 using representation stability
(MMPR "21)
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Failing approaches

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of S,-representations M, ~s, D,.

Q: Are M, and D, two presentation of the same algebra?
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Failing approaches

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of S,-representations M, ~s, D,.
Q: Are M, and D, two presentation of the same algebra?

Remark
The algebras M,, and D,, are not isomorphic for n > 5.
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Failing approaches

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of S,-representations M, ~g_D,.

Q: Is there an easy deformation between M, and D,?
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Failing approaches

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of S,-representations M, ~g_D,.
Q: Is there an easy deformation between M, and D,?

Remark
The family Q[x; j, t]i; with relations
1 xij+ X
2. Y jzixigforalli=1,...
3. 201,k + X KXk i +Xk:><u)+ tOF + X7+ X))

is equal to M, for t = 0 and to D, for t = 1. However, SageMath
shows that these two points are not in the flat locus for n > 5.
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Failing approaches

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of S,-representations M, ~g_D,.
Q: Is there an easy deformation between M, and D,?

Remark
The family Q[x; j, t]i; with relations
Lo Xij 4 Xj,i
2. Zj;é,-x,-lj foralli=1,...,n
3. 2(X1iXj k  Xj KXk, A Xk, ixi )+ EOE A XPy X ;)
is equal to M, for t = 0 and to D, for t = 1. However, SageMath
shows that these two points are not in the flat locus for n > 5.

Q: Is there any deformation between M, and D,?
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Fact 1: The irreducible representation of S, are parametrized by
the partition of n. Let V, be the irreducible representation
associated with A = (A1, A2, ..., Ax) with Ay > Ao > -+ > A\ and
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Fact 1: The irreducible representation of S, are parametrized by
the partition of n. Let V, be the irreducible representation
associated with A = (A1, A2, ..., Ax) with Ay > Ao > -+ > A\ and

Y Ai=n.
Fact 2: There exists a Frobenius characteristic function
ch : {S,, representations} — {symmetric polynomials}
Vi — sy
where sy is the Schur symmetric polynomial.
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Failing approaches

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of graded S,-representations
M,, ~s, D,,.

Q: Is there any deformation between M, and D,?
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Failing approaches

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of graded S,-representations
M,, ~s, D,,.

Q: Is there any deformation between M, and D,?
Remark
My =D} =V, 211
2
S5Vp2011=Vo41111+Ves20+V, 351

+V,33+2V, 00 +V, 11+V,
M2=D2=V, 41111+ Voa20+Vy321+V, 02
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Failing approaches

Conjecture (Moseley-Proudfoot-Young '16)

There exists an isomorphism of graded S,-representations
M,, ~s, D,,.

Q: Is there any deformation between M, and D,?

Remark

M: =D} =V, 211

SVp211=Vo 41111+ Vas22+V, 321
+V,33+2V, 00 +V, 11+V,

M2=D2=Vn 41111+ Vasp2+Vazp1+Vaop

Pt It At ]

hence there is a unique graded S,-equivariant “deformation”
between M, and D, with the desired properties in degree one and
two. It is parametrized by P!.
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Failing approaches

Goal: describe D, as graded S,-representation.
Definition (Artinian Orlik-Terao algebra of type A,)
Define C, as the quotient of Q[x; j]i+; by the relations
L Xij+ X
2. x,-2J

3 XiXj kX kXk,i Xk, iXij
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Failing approaches _

Goal: describe D, as graded S,-representation.

Definition (Artinian Orlik-Terao algebra of type A,)
Define C, as the quotient of Q[x; j]i; by the relations
L Xij+ X
2. x,-2J

3. XijXjk + Xj kXk,i T Xk,iXij

Theorem (Cohen '76)

The cohomology of the configuration space on R3 is
Cn = H*(Conf,(R3); Q).
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Definition (Artinian Orlik-Terao algebra of type A,)
Define C, as the quotient of Q[x; j]i; by the relations
L Xij+ X
2. x,-2J

3. XijXjk + Xj kXk,i T Xk,iXij

Theorem (Cohen '76)

The cohomology of the configuration space on R3 is
Cn = H*(Conf,(R3); Q).

» C! is the Eulerian representation (up to the sign),
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Definition (Artinian Orlik-Terao algebra of type A,)
Define C, as the quotient of Q[x; j]i; by the relations
L Xij+ X
2. x,-2J

3. XijXjk + Xj kXk,i T Xk,iXij

Theorem (Cohen '76)

The cohomology of the configuration space on R3 is
Cn = H*(Conf,(R3); Q).

» C! is the Eulerian representation (up to the sign),
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Failing approaches _

Goal: describe D, as graded S,-representation.

Definition (Artinian Orlik-Terao algebra of type A,)
Define C, as the quotient of Q[x; j]i; by the relations
L Xij+ X
2. x,-2J

3. XijXjk + Xj kXk,i T Xk,iXij

Theorem (Cohen '76)

The cohomology of the configuration space on R3 is
Cn = H*(Conf,(R3); Q).

» C! is the Eulerian representation (up to the sign),
> Res“sg:“ DI‘H—l = Cn,
> Cn = Dn & (Vn + an—l,l)-



Theorem (Sundaram, Welker '97)

As S,-representation

i Sn .
G= P Ind3 7,5, BC
A=n
I(X)=n—i

where \ = (1™, 2™ ).
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Theorem (Sundaram, Welker '97)

As S,-representation

i Sn .
G= P Ind3 7,5, BC
A=n
I(X)=n—i

where \ = (1™, 2™ ).
The graded Frobenius characteristic of C,, is

h Cy = 3 qZ 0 T b [0
AFn i=1

where £; = ch Indg’, (i is the Lyndon/Gessel-Reutenauer symmetric
function, ie the character of the multilinear component of the free
Lie algebra.

Roberto Pagaria June 2022 11/ 26



Theorem (Sundaram, Welker '97)

As S,-representation

i Sn .
G= P Ind3 7,5, BC
A=n
I(X)=n—i

where \ = (1™, 2™ ).
The graded Frobenius characteristic of C,, is

chC, = Z g2i(i=1)mi ﬁ s[4,
i=1

AFn

where £; = ch Indg’, (i is the Lyndon/Gessel-Reutenauer symmetric
function, ie the character of the multilinear component of the free
Lie algebra.

The plethysm f[g] is an operation on symmetric functions such that

ch W[ch V] = chindgs (VF' @ W)

Roberto Pagaria June 2022 11/ 26



Failing approaches

Goal: describe M, as graded S,-representation.

Definition
Let R, = S'V,,_1,1 be the symmetric algebra on the standard
representation.
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Failing approaches _

Goal: describe M, as graded S,-representation.
Definition

Let R, = S'V,,_1,1 be the symmetric algebra on the standard
representation.

Theorem (Moseley, Proudfoot, Young '16)
The following holds:

Mn @Ry = @ '“di"s,-zsm,. (Cipy @ Ri(MF @ R)) R (Vi © Vi —11))
AFn
where A = (1™ ,2m2 ) and (MS)" = M2n—2—1,

Roberto Pagaria



Failing approaches

The representation D, can be described from
Cn — Dn ® (Vn + an—l,l),

_ s ,
n =D nd7 s, B
AEn
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Failing approaches _

The representation D, can be described from
Cn — Dn ® (V + qvn—l 1)7

Sn
Co =P nd7 7,5, B
An

The MPY-conjecture follows by showing that D,, satisfies the
recurrence relation

Ma@Ry = @ Ind3s,s, (Ciony @ Ri(Mf @ R) B (Vin, & Vim—1.1))
An
where R, = S'Vn_171.
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Failing approaches _

The Frobenius characteristic of D,, can be described from
ch G, = ch Dpx(sp + gsn—1,1),

ch G, = Z qz,-(i—l)m,- ﬁ hmi [Ei]'

AFn i=1
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Failing approaches _

The Frobenius characteristic of D,, can be described from
ch G, = ch Dpx(sp + gsn—1,1),

n

ch G, = Z qE,(i—l)m; H hmi [Ei]'

AFn i=1

The MPY-conjecture follows by showing that ch D,, satisfies the
recurrence relation

chM, xchR, =
= Sy, ---Sy,,C U Sy, q'_ C i)lg=g—1 *¥ Ch R}
LSy ch Gy, . [a* 72 (ch Mi)jg—g-1 * ch R
S it /
where X
hRy,=(1—qg)hp |———| .
c (1-4q) [1_q]
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Failing approaches _

The Frobenius characteristic of D,, can be described from
ch G, = ch Dpx(sp + gsn—11),

n

ch G, = Z qE,(i—l)m; H hmi [Ei]'

AFn i=1

The MPY-conjecture follows by showing that ch D,, satisfies the
recurrence relation

chM, xchR, =
= Y (s ch Gy [ s [0 72(ch Mi) jgog-1 % ch R]
Sy /
where X
hR,=(1—q)h, | ——].
c (1—-gq) [1 — q]

Roberto Pagaria



Orlik-Terao algebra of type A,

Idea: use spectral sequence to compute the S, action on D,,.
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Orlik-Terao algebra of type A,

Idea: use spectral sequence to compute the S, action on D,,.

Theorem (Cohen, Taylor '78)

There exists a spectral sequence
EP9(SU,, n) = HPt9(Conf,(SU); Q)
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Orlik-Terao algebra of type A, _

Idea: use spectral sequence to compute the S, action on D,,.

Theorem (Cohen, Taylor '78)
There exists a spectral sequence

EP9(SU,, n) = HPt9(Conf,(SU); Q)
whose second page is

Bl = @ @ (o H(SU:0).

Sk[n] i
1(S)=n—q
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Orlik-Terao algebra of type A, _

Idea: use spectral sequence to compute the S, action on D,,.

Theorem (Cohen, Taylor '78)
There exists a spectral sequence

EP9(SU,, n) = HPt9(Conf,(SU); Q)
whose second page is

Bl = @ @ (o H(SU:0).

Sk[n] i
1(S)=n—q

It degenerates at the fourth page by comparison with the SS
EP9(R3, n) = HPT9(Conf,(R3)).

Roberto Pagaria



Orlik-Terao algebra of type A, _

EP9(SUy, n) = HPT9(Conf,(SU»); Q)

4 * *
2 * * *
0 * * * *
0 3 6 9
Ex(SUs, 3)
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Orlik-Terao algebra of type A, _

EP9(SUy, n) = HPT9(Conf,(SU»); Q)

2 :\I\* 2 * *

0 * 0 * *
0 3 6 9 0 3 6 9
E>(SU», 3) E(S5U,3)

We also used
H (Conf,(SU); Q) = H (Conf,(SU>)/SUz; Q) @ H (SUs; Q)
by the Leray-Hirsch theorem.
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Orlik-Terao algebra of type A, _

By taking the “refined” Euler characteristic of E5*(SU,, n) and of
E&(SUs, n) we obtain:

Corollary (P. '22)

The Frobeinus characteristic of D, is

qn—l()\)
chDy=3 = ; [T fm (1 = q)e]
An i
SIS —

AEn i
where A = (1™ 2M2 ).
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Orlik-Terao algebra of type A,

Definition (Terao '02)

The Orlik-Terao algebra OT,, of type A, is the quotient of
QIxi j]i by the relations

Loxij + i

2. X jXj k + Xj kXk,i + Xk,iXi j
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Orlik-Terao algebra of type A,

Definition (Terao '02)
The Orlik-Terao algebra OT,, of type A, is the quotient of
QIxi j]i by the relations

L Xij+ X

2. X jXj k + Xj kXk,i + Xk,iXi j

Remark

» OT, is the subalgebra of rational functions on C" generated

1
by e
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Orlik-Terao algebra of type A,

Definition (Terao '02)
The Orlik-Terao algebra OT,, of type A, is the quotient of
QIxi j]i by the relations

L Xij+ X

2. X jXj k + Xj kXk,i + Xk,iXi j

Remark
» OT, is the subalgebra of rational functions on C” generated
by z,-iz,-'

» OT, is the coordinate ring of the reciprocal plane.
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Orlik-Terao algebra of type A,

Definition (Terao '02)
The Orlik-Terao algebra OT,, of type A, is the quotient of
QIxi j]i by the relations

L Xij+ X

2. X jXj k + Xj kXk,i + Xk,iXi j

Remark
» OT, is the subalgebra of rational functions on C” generated

1
Y 7%

» OT, is the coordinate ring of the reciprocal plane.
» OT, degenerates flatly to the Stanley-Reisner ring of the
broken circuit complex.
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Orlik-Terao algebra of type A, _

Goal: a non-recursive description of M,,.

Theorem (Braden, Proudfoot '09)
They prove
My = IH* (Xa; Q).
R = IH,1(% Q)
OT, = IH7 1 (Xn: Q).
Hence, OT, = M, ® R, as graded S,-representations.
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Orlik-Terao algebra of type A, _

Goal: a non-recursive description of M,,.

Theorem (Braden, Proudfoot '09)
They prove
My = IH* (Xn; Q),
Ry = IHZ.-1(%; Q),
OT, = IHF0-1(Xn; Q).
Hence, OT, = M, ® R, as graded S,-representations.
We want to invert R,: by the exactness of the Kozsul complex we

have

ch Ry * (chA'V,_11) hn.

lg=—q =
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Orlik-Terao algebra of type A, _

Goal: a non-recursive description of M,,.

Theorem (Braden, Proudfoot '09)
They prove
My = IH* (Xn; Q),
Ry = IHZ.-1(%; Q),
OT, = IHF0-1(Xn; Q).
Hence, OT, = M, ® R, as graded S,-representations.
We want to invert R,: by the exactness of the Kozsul complex we

have

ch Ry * (chA'V,_11) hn.

lg=—q =

Finally ch M, = ch OT,, « 220=2X],
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Orlik-Terao algebra of type A, _

We filter OT,, by the support of the monomials. Let T, be the
submodule of OT,, generated by monomials with full support.

Lemma (P. '22)

We have
OoT, = @ ® Ts,
SH[n] i
and
chOT, => []bmlch Til.
AEnod
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Orlik-Terao algebra of type A, _

Theorem (P. '22)
We have
ch M, =ch D,

X
ch Tp = q" o ch Ry = (1 - q)q" Lo * hy [ﬁ] '
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Orlik-Terao algebra of type A, _

Theorem (P. '22)

We have
Ch Mn = Ch Dn,
n—1 n—1 X
chTh=gq gn*ChR,,=(]_—q)q en*hn[ﬁ]

Roberto Pagaria



Proof.
By a simultaneous induction:
ha[(1 — q)X
—q
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Proof.
By a simultaneous induction:
ha[(1 — q)X ha[(1 — q)X
ch M, —ch T,,*"[(lq)] = (chOT, —ch T,,)*"[(lq)]
—q —q
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Gulfteae dicte @ A | ...
Proof.
By a simultaneous induction:

Cth_Cth*hn[(i_q))q:(ChOTn—Cth)*M
N —q

(Z Hhm[ChT]) M

i

e
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Proof.
By a simultaneous induction:
ch M, —ch Tn*hn[(i_q))q :(ChOTn—Ch Tn)*h"[(i_q))q
N —q
(Z Hhm [ch T]) u
A;é(n) '
— Z I fms [ch T 5 hil(1 — q)X]]
AEn i
A#(n)
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Proof.
By a simultaneous induction:
ch M, —ch Tn*hn[(i_q))q :(ChOTn—Ch Tn)*h"[(i_q))q
N —q
(Z Hhm [ch T]) u
A;é(n) '
T=g 2 I hmleh T hil(1 - @)X]]
AEn i
A#(n)
Z Hh (1—q)q" X« h; X x hi[(1 — q)X]
1 —4q A=n i " l ' 1-— q ' q
A#(n)
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Orlik-Terao algebra of type A, [
Proof.
By a simultaneous induction:
9)X]

hnl(1 —
chM,,—chT,,*"[(lz

(Z Hhm[ChT]) u

i

A;é(n)
— Z T b [eh T Bi{(1 = q)X1]

AFEn i
A;é(n)

=1¢ > I m [ (1—q)q ' hi [l)fq} s hi[(1 - q)X]]

AFno i
XA(n)

l—q Z [T fmil(1 = @)aei]

i

e

(chOT, —ch T,) * ”"[(11:;7)X]
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Orlik-Terao algebra of type A, [
Proof.
By a simultaneous induction:
9)X]

hnl(1 —
chM,,—chT,,*"[(lz

(Z Hhm[ChT]) u

i

A;é(n)
— Z T b [eh T Bi{(1 = q)X1]

AFEn i
A;é(n)

=1¢ > I m [ (1—q)q ' hi [l)fq} s hi[(1 - q)X]]

AFno i
XA(n)

l—q Z [T fmil(1 = @)aei]

i

()
=chD,—q" ¢,

(chOT, —ch T,) * ”"[(11:;7)X]
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Proof.
From
hal(1 — )X] _

chD, — q" ¢,
l1-gq

chMp —ch T,
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Proof.
From
ch M, — ch T, * M =chD, —q" %,
—q
we deduce
chM, =chD,
Ch Tn * M — qn_lgn
l1-gqg
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Orlik-Terao algebra of type A, _

Proof.
From
ch M, — ch T, * M =chD, - q" %,
—q
we deduce
chM, =chD,
Ch Tn * h”[(l B q)X] — qn—lgn
l1-gqg
and so
chT,=(1-q)q" Y, xh X O
n = 94" nx o | 7| -
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Corollary (P. '22)

We have

chOT,=> q" "V [ hmlti = ch R].
AFEn i
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Orlik-Terao algebra of type A, _

Corollary (P. '22)

We have
ch OTn = Z qn—/()\) H hm,‘[gi % ch RI]
AFn i
Define L =", o, " *t", = _ Log(1—qtX)

q
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Orlik-Terao algebra of type A, _

Corollary (P. '22)

We have

chOT,=> q" "V [ hmlti = ch R].
AFEn i

. _ Log(1—qtX
Define L = anl q" ", = —%.

Corollary

The generating functions are

S cho, (a)" = 3 chu,(a)¢" = (Exp((1 — @)L) ~ 1),

n>1 n>1 —4q
X
Zchorn(q)t” = Exp ((1 — q)L % Exp (—)) —1.
n>1 1-q
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Orlik-Terao algebra of type A,

Proudfoot gave to his PhD student Moseley the problem of
computing ch OT, in 2008. He hasn't solved it, but long after they
come up with the MPY conjecture D, = M,,.

Finally, the circle is closed.
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Orlik-Terao algebra of type A,

Future works:

» The MPY conjecture is stated also for graphical arrangements
Dr ~ Mr as graded representations of Aut(I"), but we cannot
use symmetric function!

» Does a similar statement holds for finite Coxeter
arrangements? How to define Dy/? maybe Dg, is the
cohomology of an orbit configuration space.

Contact me if you are interested!
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The end
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